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softwareQ: Zeroes of a holomorphic function on compact complex torus Let $T^n$ be a compact complex torus (not necessarily
connected) of dimension $n$, $f\colon T^n\to \mathbb{C}$ a holomorphic function and $\Lambda\subset T^n$ a lattice. Is it
true that if $f$ is not constant, then $\{p\in\Lambda\,|\,f(p)=0\}\subset T^n$ has at most $n$ points? Question B: If $f$ is
locally constant, then the problem is equivalent to the question whether, given a point $p\in T^n$ and a ball $B\subset T^n$
around $p$, the number of zeroes of $f$ in $B$ is bounded independently of the point $p$ (i.e., the number of roots of $f$ in
$B$ is bounded by a constant independent of $p$). Is this true? In the case where $T^n$ is connected, the statement is true by
Riemann's removable singularity theorem. And, for non-connected tori it is easy to see that the statement is true in case $f$ is
real valued and locally constant on $T^n$. But for general $f$ I do not know whether this statement holds true. Also, the case
where $\Lambda$ is the lattice of integral points of $T^n$ is true, and we obtain a nice result by using the famous Nested
Regions Theorem. A: The problem is not true, since an explicit function in dimension $2$ shows that the set of zeroes of $f$
around a point $p$ contains an open arc with no accumulation points. However, it is true in dimension $1$ for a holomorphic
function, since in that case the argument of the holomorphic function can be viewed as an angle $\theta 82138339de
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